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Abstract

The energetics and electronic structures of native defects in anatase TiO2 are comprehen-
sively studied using hybrid density functional calculations. We demonstrate that oxygen
vacancies (VO) and titanium interstitials (Tii) act as shallow donors, and can form with
substantial concentrations, giving rise to free electrons with carrier densities from 1011

to 1019 cm−3 for oxygen-rich and oxygen-poor conditions, respectively. The titanium
vacancies (VTi), identified as deep acceptors and induced hole carriers, are incapable of
fully compensating for the free electrons originating from the donor-type defects at any
oxygen chemical potential. Even under an extreme oxygen-rich condition, the Fermi
level, which is determined from the charge neutrality condition among charge defects,
electron and hole carriers are located 2.34 eV above the valence band maximum, indicat-
ing that p-type conductivity can never be realized under any growth conditions without
external doping. This is consistent with common observations of intrinsic n-type con-
ductivity of TiO2. At a typical annealing temperature and under a typical oxygen partial
pressure, the carrier concentration is found to be approximately 5×1013 cm−3.

keywords: Density Functional Theory, anatase TiO2, native defect, defect
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ออกไซด (TiO2) แบบอนาเทส (anatase) ไดถูกศึกษาโดยใชทฤษฎีพังกชันนัลของความหนา
แนนแบบไฮบริด, การวิจัยพบวาการหายไปของออกซิเจน (VO) และการแทรกของไททาเนียม
(Tii) จะเกิดระดับพลังงานผูใหแบบตื้น (shallow donors) ซึ่งเปนผลใหคาความหนาแนน
อิเล็กตรอนอิสระมีคามาก ประมาณ 1011 และ 1019 อิเล็กตรอนตอลูกบาศกเซ็นติเมตร. ใน
สถาวะออกซิเจนมากและ ออกซิเจนนอย ตามลำดับ สำหรับการหายไปของไทเทเนียนม จะ
ใหระดับพลังงานผูรับแบบลึก (deep acceptor) ซึ่งทำใหเกิดพาหะโฮล โดยไมสามารถจับกับ
อิเล็กตรอนอิสระในสภาวะการปลุกผลึกแบบตางๆ ในสภาวะปลูกผลึกที่เต็มไปดวยออกซิเจน
ระดับพลังงานเฟอรมีซึ่งหาไดจากสถาพความเปนกลางของประจุผลึก ของผลึกที่มีความ
บกพรอง ระดับพลังงานเฟอรมีถูกตรึงไวที่ระดับ 2.34 อิเล็กตรอนโวลท เหนือแถบพลังงานวา
เลนซสูงสุด จึงสรุปไดวา สารกึ่งตัวนำของ ไมสามารถเกิดเปนชนิดพีได ภายใตการปลูกผลึกใต
สภาวะใดๆ เมื่อไมไดมีสารเจือ งานวิจัยนี้สอดคลองกับการพบการนำไฟฟาชนิดเอ็น ของสาร
ไทเทเนียมไดออกไซด นอกจากนี้พบวาภายในการปลูกผลึกสภาวะปกติ ความหนาแนนภาหะมี
คาประมาณ 5×1013 อิเล็กตรอนตอลูกบาศกเซ็นติเมตร.
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1 Abstract
The energetics and electronic structures of native defects in anatase TiO2 are comprehen-
sively studied using hybrid density functional calculations. We demonstrate that oxygen
vacancies (VO) and titanium interstitials (Tii) act as shallow donors, and can form with
substantial concentrations, giving rise to free electrons with carrier densities from 1011 to
1019 cm−3 for oxygen-rich and oxygen-poor conditions, respectively. The titanium vacan-
cies (VTi), identified as deep acceptors and induced hole carriers, are incapable of fully
compensating for the free electrons originating from the donor-type defects at any oxy-
gen chemical potential. Even under an extreme oxygen-rich condition, the Fermi level,
which is determined from the charge neutrality condition among charge defects, electron
and hole carriers are located 2.34 eV above the valence band maximum, indicating that
p-type conductivity can never be realized under any growth conditions without external
doping. This is consistent with common observations of intrinsic n-type conductivity of
TiO2. At a typical annealing temperature and under a typical oxygen partial pressure, the
carrier concentration is found to be approximately 5×1013 cm−3.

2 Executive Summary

Introduction and Literature review
TiO2 is a technologically important wide-bandgap semiconductor with applications as a
transparent conducting oxide (TCO),[17, 24] in photocatalysis,[16] solar cells[19, 1] and
as a ferromagnetic wide-bandgap oxide.[40, 59] TiO2 exists as three polymorphs: rutile,
anatase, and brookite. Anatase has been a favored phase for nanopowdered photocatalytic
applications due to its higher activity than rutile[50, 56], although nanostructures like
nanorods and nanotubes with rutile structure have also been synthesized.[36, 6] Anatase
phase is important for TCO applications possibly due to its smaller electron-effective mass
than rutile. There are several reports on doping for n-type conductivity of anatase TiO2-
based TCO,[17, 52, 15, 18, 23] reports on p-type conductivity are very rare. The photoex-
citation of electron-hole pairs in pristine TiO2 requires relatively high photon energy and
occurs only under ultraviolet light. In practice, reduced TiO2 can absorb photon in visible
light region according to the abundance of trivalent Ti (Ti3+).[25, 11] Reduced TiO2 also
exhibits n-type conductivity,[12, 2, 43] the origin of which was proposed to be donor-type
defects like oxygen vacancies (VO) and titanium interstitials (Tii).[12] First-principles cal-
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culations based on density functional theory (DFT) have been established as an important
tool for understanding and acquiring knowledge of native defects in general.

Native defects in anatase TiO2 were previously studied using local-density approximation
(LDA) and generalized gradient approximation (GGA).[42, 45] However, recent studies
revealed that self-interaction correction and its repercussions for polaronic effects are im-
portant for discussing electronic and magnetic properties of native defects in metal ox-
ides.[30] The approximation methods that include some of the essential correlation- or
orbital-dependent effects, such as LDA+U (or GGA+U ) and hybrid functionals, are more
insightful for understanding of and gaining knowledge about native defects. Morgan and
Watson[41] reported a GGA+U study of the transition levels and single-particle levels of
donor- and acceptor-type native defects in anatase TiO2. They suggested that VO and Tii
are deep donors that donate two and four electrons, respectively, whereas VTi are deep
acceptors generating four holes.

Since Heyd-Scuseria-Ernzerhof (HSE) hybrid functional[21] yields a better description of
bandgap, it should also be useful for accurate estimations of the defect levels in semicon-
ductors and metal oxides. Janotti et al.[27] performed HSE hybrid functional calculations
on rutile TiO2 and showed that oxygen vacancies are stable in their positively charged states
V 2+

O for any Fermi energy within the bandgap, indicating that they are shallow donors. Re-
cently, P. Deák et al.[9] also studied oxygen vacancies and carrier self-trapping in anatase
and rutile TiO2 using HSE06,[21] and showed that oxygen vacancies are shallow donors in
both anatase and rutile phases. Finazzi et al.[14] demonstrated using GGA+U (with U=4
eV) or B3LYP hybrid functional that charge-neutral oxygen vacancies in anatase TiO2 cre-
ate defect states at 1 eV below the conduction band. Recently, P. Deák et al.[10] found
that oxygen vacancies and titanium interstitial are both shallow donors by using HSE06.
The single-particle Kohn-Sham levels associated with Ti interstitials were also investigated
using spin-polarized hybrid DFT.[14] Malashevich et al.[39] studied oxygen vacancies in
rutile structure using DFT+GW, and found that the transition level of charged states from
+2 to +1, ε(+2/ + 1), is higher than that of +2 to neutral, ε(+2/0), showing negative U

behavior. From their estimation ε(+2/0) lies 2.8 eV above the VBM.

These theoretical studies mainly focused on the identification of defect levels and the val-
idation of computational results obtained from the different methods. However the Fermi
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level position and carrier concentrations in intrinsic anatase TiO2 have not been quantita-
tively estimated. Moreover, the origin of the n-type conductivity is still controversial and
a theoretical study based on accurate computational methods is required.

Objective
In this study, we employ the HSE06 hybrid functional, which was proven to be reliable
for defect calculations in TiO2,[8] to conduct a comprehensive study for the energetics of
native defects in anatase TiO2 and to estimate carrier concentration under a given oxygen
partial pressure. Since the antisite defects (TiO and OTi) have high formation energies,[42]
they are not considered in the present study. The native point defects examined in this
study are VTi, VO, Tii and O interstitials (Oi) in anatase TiO2.

Computational method
Our study is based on DFT calculations using the HSE hybrid functional.[21] The cal-
culations were performed using the VASP code [29] with the projector-augmented wave
(PAW) method.[3] We used a well-converged energy cut-off of 400 eV for the projector-
augmented plane waves. In conventional unit cells, the Brillouin zone is expressed using
5× 5× 5 Monkhorst-Pack meshes.

For Ti, 3s23p64s23d2 states were treated as valence states. In the HSE approach, the
Coulomb potential in the exchange energy is divided into short-range and long-range parts
with a screening length of 10 Å. In the short-range part, the non-local Hartree-Fock (HF)
exchange is mixed with the Perdew, Burke, and Ernzerhof (PBE) GGA exchange energy.
[46] The long-range part and the correlation potential are represented by the PBE func-
tional.

We used the standard HF mixing α = 0.25 which is suitable for satisfaction of the general-
ized Koopmans’ theorem[33] in both anatase and rutile TiO2 [8]. The geometry relaxation
was performed for a cell volume and shape, as well as for atomic positions of 12-atom con-
ventional cell, until the residual force is less than 0.02 eV/Å. Our calculated lattice con-
stants are a=3.760 Å and c=9.621 Å, which were close to other HSE06-reported constants
of a=3.755 Å and c=9.561 Å,[8] and experimental results: a=3.782 Å and c=9.502 Å.[4]

3
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Our calculated indirect bandgap is 3.73 eV for the transition from the valence band maxi-
mum (VBM) near M point (0.425, 0.425, 0) to the conduction band minimum (CBM) at Γ.
Although we attempted to use the same cut-off energy and valence electron configuration
potentials as were used in previous HSE06 calculation,[8] we somehow still obtained a
larger bandgap, which is accidentally equal to the adiabatic bandgap of G0W0 calculation
(3.73 eV).[31] Note that, both HSE06 and quasi-particle G0W0 bandgaps are higher than
the experimentally measured optical bandgap (3.42 eV)[51]

For defect calculation, we extended the conventional cell by 3×3×1 to produce a 108-atom
supercell and introduced a defect in the supercell. K-points were sampled at a Monkhorst-
Pack special 1×1×1 mesh for the Brillouin zone integration of the supercell. Calculations
for charged states were also performed for each defect with neutralizing background charge.
The charged states considered here are (+2, +1, 0) for VO, (+4, +3, +2, +1, 0) for Tii, (-4,
-3, -2, -1, 0) for VTi and (+2, +1, 0) for Oi. The effects of spin polarization were included
for all charged states. Relaxations were performed for atomic positions with a fixed cell
volume until the residual force is less than 0.02 eV/Å.

Fictitious interactions between the charged defect with its images in neighboring cells and
with the homogeneous background charge were removed using the scheme proposed by
Makov and Payne.[38] Normally, the quadrupole term in the Makov and Payne correc-
tion can be approximated to about one-third of the monopole term for cubic supercells
as reported by Lany and Zunger.[32] Since the supercell used in this study is non-cubic,
the non-cubic adjustment[28] has been used to correct the quadrupole term in Makov and
Payne. The dielectric constant is needed in the Makov and Payne correction. From HSE
calculations for dielectric constants of anatase TiO2,[35] the average value of 46.23 was
used in the correction.

To ensure the convergence of the cell size, especially for high-charge-state defects, we
tested the formation energy calculations of oxygen vacancies in neutral charged states with
a larger supercell size of 216 atoms, i.e. 3× 3× 2 extension of the conventional cell. We
found that the formation energy of neutral charge VO is changed only by 0.075 eV as cell
size increased from 108 to 216 atoms. The relaxed geometries for all defects examined are
shown in Fig. 1

To identify the dominant type of native defect, we compared the stabilities of Tii, VTi, VO
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Figure 1: The optimized atomic structure of (a) bulk (b) Ti4+
i (c) V 2

O (d) Oi,db and (e) V 4−
Ti

defect. The large gray spheres are Ti atoms and the small red spheres are the O atoms.
Relaxation around neighboring defect atoms are indicated by the arrows

and Oi. The formation energy of a native defect D with charge state q is defined as

Ef (D
q) = Etot(D

q)− Etot(TiO2)− niµi + q(εF + EV), (1)

where Etot(D
q) is the total energy of the cell with defect D in charge state q. Etot(TiO2)

is the total energy of the cell without defects, ni is the number of atoms of species i (Ti
or O) that have been added to (ni > 0) or removed from (ni < 0) the supercell. εF is
the Fermi energy that ranged over the bandgap. Note that εF is the energy of the electron
reservoir with respect to the VBM, EV , which is corrected in a defect-containing supercell
by aligning the electrostatic potential at a region far away from the defect site with the
corresponding potential in a perfect crystal.

Finally, µi is a chemical potential representing the energy for defect D that is taken from
reservoir. We reference chemical potentials µ̃i to the energy per atom of isolated elemental
phase: µ̃O = µO − 1

2
Etot[O2] and µ̃Ti = µTi − Etot[Tibulk]. These reference energies are

given by our DFT calculations for a total energy of bulk Ti per formula unit (-9.46 eV) and
a half of total energy of an isolated O2 molecule (-8.55 eV).

The chemical potential is a variable but it must satisfy the thermodynamic equilibrium
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condition of TiO2, µ̃Ti + 2µ̃O = ∆Hf (TiO2) where ∆Hf (TiO2) is the formation en-
thalpy of TiO2. At the oxygen-rich limit (µ̃O=0), the chemical potential of Ti is given
by µ̃Ti = ∆Hf (TiO2). At the Ti-rich limit, µ̃Ti is bounded by the formation of Ti2O3,
2µ̃Ti + 3µ̃O < ∆Hf (Ti2O3).[42] The formation enthalpies estimated using the HSE ap-
proach are∆Hf (TiO2)= -9.756 eV and∆Hf (Ti2O3)= -15.493 eV which are in good agree-
ment with the previous report.[55, 44] After all, the chemical potential settings (µ̃Ti, µ̃O)
corresponding to Ti-rich (O-poor) and O-rich (Ti-poor) are (-1.72,-4.02) and (-9.76, 0) in
eV, respectively.

In addition to the extreme chemical potential conditions (Ti-rich and O-rich), we consider
an intermediate oxygen chemical potential corresponding to a realistic growth condition
during the annealing of anatase TiO2. The oxygen chemical potential is a function of
temperature and oxygen partial pressure, as described by[47]

µ̃O(T, p) = µ̃O(T, p0) +
1

2
kBT ln(p/p0), (2)

where µ̃O(T, p0) is the oxygen chemical potential at the standard pressure p0 = 1 atm,
kB is Bolzmann’s constant, and T is the temperature in Kelvin. The typical annealing
temperature used in the growth of anatase TiO2 is 400-550◦C[17, 24, 26] and the typical
oxygen partial pressure is 10−4-10−5 Torr.[22] We therefore choose an annealing tempera-
ture of 550◦C and an oxygen partial pressure of 10−5 Torr, which corresponds to (µ̃Ti, µ̃O)
= (-6.70, -1.52) in eV.

The thermodynamic transition levels are given by the Fermi energy at which the formation
energies of the two charged states are equal:

εD(q/q
′) =

Ef (D
q; εF = 0)− Ef (D

q′ ; εF = 0)

q′ − q
(3)

which thermodynamic transition represented by kinks in the plots of formation energy as
a function of Fermi energy. Note that εF ranges over the bandgap and references to the
VBM.

The concentration of a native defect D with charge q, c(Dq), is related to its formation
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energy Ef through the equation

c(Dq) = Nsites/(1 + expEf (D
q)/kBT ), (4)

where Nsites is the number of possible lattice sites per unit volume (Vcell) at which the defect
can be formed.

The hole concentration (p) and electron concentration (n) can be expressed by the follow-
ing equations:[20]

n = 2

(
mekBT

2π�h2

)3/2

exp(εF−Eg)/kBT , (5)

p = 2

(
mhkBT

2π�h2

)3/2

exp−εF /kBT , (6)

where me, mh are the electron- and hole-effective masses, respectively, and Eg is the
bandgap. The charge neutrality is satisfied when the summation of donor and electron
carrier concentrations equals the acceptor and hole carrier concentrations,

∑
i

qici(D
q) + p− n = 0. (7)

The index i represents donor- or acceptor-type defect. In our calculations, the experimental
hole-effective mass of 0.8m0 and electron effective mass of 1.2m0 were used.[58]

3 Results
Figure. 2 shows the formation energies obtained from our hybrid DFT calculations as a
function of the Fermi energy. The lower and upper limits of the Fermi energy correspond
to the VBM and CBM, respectively. The slope of each line reflects the stable charged state
of each defect, e.g. V 2+

O is stable over the other charged states of VO in the entire range
of Fermi energies. The transition levels ε(q/q′) corresponding to each defect are listed in
Table. 1, some of which are also shown as filled circles in Fig. 2

Under Ti-rich conditions (Fig. 2(a)), Ti4+
i has the lowest formation energy among the de-
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Figure 2: Defect formation energies as a function of Fermi energy under (a) Ti-rich, (b)
experimental growth, and (c) O-rich conditions. The up-pointing arrow indicates the Fermi
level determined by the charge neutrality condition at 550 ◦C.

fects examined over a wide range of Fermi energies. However, the predominance overturns
at a higher Fermi energy, i.e. the formation energy of V 2+

O is slightly lower than that of Ti4+
i

near CBM. On the other hand, the formation energy of V 4−
Ti is higher than those of V 2+

O and
Ti4+

i at any Fermi level, indicating that hole carriers induced by the acceptor-type defect
(V 4−

Ti ) are incapable of compensating for electrons induced by the donor-type defects (V 2+
O

and Ti4+
i ). In fact, the Fermi level determined by the charge neutrality condition under a

typical annealing temperature of 550 ◦C is pinned at the CBM under the Ti-rich condition
according to our following analysis. The pinned Fermi levels are denoted as up-pointing
arrows in Fig. 1 for each µ̃O condition. When the transition level is above CBM, Fermi
level is considered pinned at the CBM. At the oxygen-rich limit, the formation energy of
V 4−

Ti is lowered and the carrier compensation effect is more pronounced, as observed in the
downward shift of the Fermi level, although it is still higher than the VBM by 2.34 eV and
cannot reach p-type conductivity (Fig. 2(c)). Here, the formation of V 2+

O is still favored
compared to Ti4+

i at the pinned Fermi level. Under an intermediate µO corresponding to
an experimental growth condition (oxygen partial pressure 10−5 Torr at 550 ◦C) [22], the
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Table 1: The transition level ε(q, q′) all in eV reference to the VBM
Defect q, q′ ε(q, q′)

VO +2/+ 3.92
+2/0 3.82

Tii +4/+3 3.41
+3/+2 3.70
+2/+1 3.82
+1/0 4.01

VTi 0/-2 0.89
-2/-4 1.21

Oi +2/0 0.81

Fermi level is located at 2.72 eV. Again, V 2+
O predominates over Ti4+

i at the pinned Fermi
level (Fig. 2(b)), and therefore is considered the major source of electron carriers. Thus,
V 2+

O is the predominant donor-type defect under any µ̃O condition.

Tii is stable in the form of quadruple charged state. The nearest oxygen neighbor along
the vertical c-axis relaxes inward by 23.6% in Tii while the two nearest-neighbor oxygen
atoms on the basal axis relax outward by only 0.37%. The optimized structure of Tii is
shown in ESI Fig. S1.(b). Most of the thermodynamic transition levels for Tii shown in
Table I are located above the CBM, reflecting that it is a shallow donor.

VO is stable in the doubly charged state. There are three nearest-neighbors Ti atoms around
VO. In neutral charge state, one Ti nearest-neighbor relaxes outwards by 8.39% while the
other two relax outwards by 2.80%. The optimized structure of VO is shown in ESI Fig.
S1.(c). The transition levels ε(+2/+) and ε(+2/0) (not shown in Fig. 2) are located above
the CBM, which is consistent with previous reports using the HSE approach for rutile[27]
and antase[10]. Note that in our HSE06 calculation, we used low-frequency limit of the
dielectric constant in Lany-Zunger charge correction[32] while P. Deák et al.[10] applied
high-frequency dielectric constant in Lany-Zunger charge correction. Interestingly, our
calculation and P. Deák et al.[10] yield qualitatively consistent results in terms of the point
that both VO and Tii exhibit the nature of shallow donors. By contrast, DFT+U predicted
they are deep donors.[41, 55]

Oi atoms are more stable in dumbbell configuration (Oi,db) than in an octahedral configu-
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Figure 3: (a) The defect concentration (b) pinned Fermi energy and (c) carrier concentra-
tion (electrons ne and holes nh ) as a function of oxygen chemical potentials. The down-
pointing arrow with the vertical dashed line indicates the oxygen chemical potential, -1.52
eV, corresponding to the experimental condition at the annealing temperature of 550◦C
and under an oxygen partial pressure of 10−5 Torr.

ration (Oi,oct), in the form of peroxide ions at oxygen lattice sites. All the neighboring Ti
atoms relax outward only slightly. The optimized structure of Oi,db is shown in ESI Fig.
S1.(d). Substitutional O2 has a bond length of 1.44 Å in the neutral charge state, which is
slightly longer than that in an isolated O2 molecule (1.21 Å). The transition level ε(+2/0)

is located 0.81 eV above the VBM, indicating that it is a deep donor. The detailed analysis
of Oi have been studied by Paul Erhart et al.[13]

VTi defect changes its charge state from neutral to -2 to -4 as the Fermi energy increases, as
shown in Fig. 2. The thermodynamic transition levels are located in the band gap: ε(0/−2)

= 0.89 and ε(−2/ − 4) = 1.21 eV, which indicates that VTi is a deep acceptor. Recently,
Chen and Dawson show that VTi is not stable with respect to the complex defect VTi +

2VO + O2 for the Fermi level less than 1.37 eV by using HSE06.[5] The formation energy
of this complex is very high and does not contribute in our charge neutrality calculation.
In anatase, the axial bond lengths are longer than the equatorial bond lengths. The nearest-
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neighbor oxygen atoms in the basal plane containing V 4−
Ti relax outwards by 4.6%, whereas

the nearest-neighbor oxygen atoms in the axial direction relax outwards by 20%. The
optimized structure of VTi is shown in ESI Fig. S1.(e).

Fig. 3(a) shows defect concentrations as a function of oxygen chemical potential or oxygen
partial pressure at 550◦C. Note that Eq. 7 is satisfied for each oxygen chemical potential
in the plots shown in Fig.3. It is clear that the concentration of V 2+

O is higher than that of
Ti4+

i for any oxygen chemical potential, while the concentration of V 4−
Ti is limited. Note

that we considered only point defects for the estimation of carrier concentrations and ef-
fects of complex or line defects are not taken into account. Fig. 3b shows the Fermi level
determined through the charge neutrality condition (Eq. (7)) for each oxygen chemical
potential. The Fermi level is elevated as the O2 partial pressure decreases, consistent with
experimental observations. The lowest Fermi level (2.34 eV) is reached under O-rich con-
ditions, although it is still much higher than VBM. This indicates that the intrinsic p-type
conductivity can never be realized under any equilibrium growth condition. In fact, holes
are minority carriers in anatase TiO2, as shown in Fig. 3(c), in which the carrier densities
of electrons and holes defined by Eq. (5) and (6) for each oxygen chemical potential are
compared. As expected from Fig. 3c, the electron density increases with decreasing oxy-
gen chemical potential and reaches a very high density (2.32×1019 cm−3) for an extremely
O-poor condition, which is in a similar order with the experimental result.[15] The result
is also consistent with the common observation that electrical conductivity increases with
decreasing oxygen partial pressure.[57]

From these results, we conclude that V 2+
O is the major source of n-type conductivity of

anatase TiO2. This result does not exclude the existence of Ti4+i because we found that a
significant amount of Ti4+i is present, especially under O-poor conditions (Fig. 3(a)).

Multiple signals electron paramagnetic resonance (EPR) associated with trivalent titanium
ions have been observed for reduced anatase TiO2.[37] The previous theory suggested that
the origin of trivalent titanium is either oxygen vacancies or titanium interstitials [11].
Our estimation suggests that the concentration of [V 1+

O ] is two orders of magnitude higher
than that of [Ti3+

i ]. Thus, we suggest that the strong EPR signal associated with trivalent
titanium originates from [V 1+

O ].

The single-particle Kohn-Sham levels associated with the neutral and charged defects of

11
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(a)

(b)

Figure 4: Calculated position of the single-particle state of (a) VO and (b) Tii in both
non-spin-polarized calculation (left side) and spin-polarized calculation(right side). The
calculated adiabatic band gap is represented by dashed lines.

Tii and VO are shown in Fig. 4. For charged defects, both spin-up and spin-down chan-
nels are depicted along with spin-un-polarized cases. The correction is also necessary for
single-particle Kohn-Sham levels according to previous studies.[53, 7, 34] The horizontal
dashed line represents an adiabatic computational band gap of 3.73 eV. In Tii , the occu-
pied Kohn-Sham levels of the ionized cases are all located lower than those in the neutral
case, consistent with the common observation for single ions, i.e., the second-ionization
energy is higher than the first-ionization energy. In contrast, the occupied state of V +

O lies
higher than that of V 0

O , because of the large atomic relaxations around positively charged

12
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oxygen vacancies. As discussed earlier, the Ti ions that are nearest neighbors to V +
O are

relaxed outwards, leading to upward shift of the single-particle levels. We found that this
effect is more pronounced in our case than in previous studies for rutile TiO2 using 20%
of mixing parameter in HSE.[27]

Thomas et al.[54] used X-ray photoelectron spectroscopy (XPS) to find that electron en-
ergy loss is 0.9 eV below CBM in rutile and 1.1 eV in anatase. We found that the Kohn-
Sham levels of V 0

O and Ti3+
i are 2.89 and 2.70 eV above the VBM. If we consider the

adiabatic computational band gap of 3.73 eV, the defect levels of V 0
O and Ti3+

i are 0.84
and 1.03 eV below the CBM. The vertical ionization energy measured from XPS is more
likely to be originating from Ti3+i . These species can also be the source of the blue color
observed in reduced anatase TiO2.[48, 49] Note that these occupied charge states are not
the predominant form of the defects according to our formation energy analysis (Fig. 2)
and their concentrations are therefore limited.

4 Conclusions and Discussion
In summary, due to the failure of the self-interaction error of local and semi-local density
functional approximations and their repercussions for polaronic defects, we performed cal-
culations using the Heyd-Scuseria-Ernzerhof (HSE) hybrid functional[21] to gain more
insight into the electronic properties of native defects and their likelihood of formation
under various growth conditions. The native point defects examined in this study are Ti
vacancies (VTi), O vacancies (VO), Ti interstitials (Tii) and O interstitials (Oi). Our calcu-
lations showed that VO and Tii act as double and quadruple shallow donors, respectively.
These defects give rise to high carrier concentration of free electrons from 1011 to 1019

cm−3 in oxygen-rich to oxygen-poor conditions, respectively. On the other hand, VTi be-
have as deep acceptors and can alternatively be described as donor compensating defects.
We found that hole carriers of these donor-compensating defects are not capable to fully
compensate for the free electrons originating from the donor-type defects for any oxygen
chemical potential. Under extremely oxygen-rich conditions, the Fermi level is located
2.34 eV above the valence band maximum, indicating that p-type conductivity can never
be realized in reality. Our result is consistent with common observations of intrinsic n-type
conductivity of TiO2. At a typical annealing temperature of 550◦C and under an oxygen
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partial pressure of 10−5 Torr, the calculated pinned Fermi level is estimated to be 2.72 eV
above the valence band maximum. Note that Fermi-level pinning reported in this work is
legitimate only if there is no electrically active impurities. In reality, the absence of active
impurities is barely happen in available anatase samples. Under any growth conditions,
the concentration of VO was higher than that of Tii; therefore, VO is considered the major
source of the n-type conductivity in anatase.

Our calculated concentration of V +
O is higher than that of Ti3+

i . Consequently, the origin
of trivalent titanium ions on reduced TiO2, observed by EPR measurement, is possibly
associated with V +

O . In addition, the calculated Kohn-Sham levels associates with VO and
Tii reveal that vertical ionization measured from XPS originates from Ti3+

i .
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The energetics and electronic structures of native defects in anatase TiO2 are comprehensively studied using hybrid density func-
tional calculations. We demonstrate that oxygen vacancies (VO) and titanium interstitials (Tii) act as shallow donors, and can
form with substantial concentrations, giving rise to free electrons with carrier densities from 1011 to 1019 cm−3 for oxygen-rich
and oxygen-poor conditions, respectively. The titanium vacancies (VTi), identified as deep acceptors and induced hole carriers,
are incapable of fully compensating for the free electrons originating from the donor-type defects at any oxygen chemical po-
tential. Even under an extreme oxygen-rich condition, the Fermi level, which is determined from the charge neutrality condition
among charge defects, electron and hole carriers are located 2.34 eV above the valence band maximum, indicating that p-type
conductivity can never be realized under any growth conditions without external doping. This is consistent with common obser-
vations of intrinsic n-type conductivity of TiO2. At a typical annealing temperature and under a typical oxygen partial pressure,
the carrier concentration is found to be approximately 5×1013 cm−3.

1 Introduction

TiO2 is a technologically important wide-bandgap semicon-
ductor with applications as a transparent conducting oxide
(TCO),1,2 in photocatalysis,3 solar cells4,5 and as a ferromag-
netic wide-bandgap oxide.6,7 TiO2 exists as three polymorphs:
rutile, anatase, and brookite. Anatase has been a favored phase
for nanopowdered photocatalytic applications due to its higher
activity than rutile8,9, although nanostructures like nanorods
and nanotubes with rutile structure have also been synthe-
sized.10,11 Anatase phase is important for TCO applications
possibly due to its smaller electron-effective mass than rutile.
There are several reports on doping for n-type conductivity
of anatase TiO2-based TCO,1,12–15 reports on p-type conduc-
tivity are very rare. The photoexcitation of electron-hole pairs
in pristine TiO2 requires relatively high photon energy and oc-
curs only under ultraviolet light. In practice, reduced TiO2 can
absorb photon in visible light region according to the abun-
dance of trivalent Ti (Ti3+).16,17 Reduced TiO2 also exhibits
n-type conductivity,18–20 the origin of which was proposed to
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Japan
∗ Corresponding author; E-mail:UMEZAWA.Naoto@nims.go.jp;

be donor-type defects like oxygen vacancies (VO) and titanium
interstitials (Tii).18 First-principles calculations based on den-
sity functional theory (DFT) have been established as an im-
portant tool for understanding and acquiring knowledge of na-
tive defects in general.

Native defects in anatase TiO2 were previously studied us-
ing local-density approximation (LDA) and generalized gra-
dient approximation (GGA).21,22 However, recent studies re-
vealed that self-interaction correction and its repercussions
for polaronic effects are important for discussing electronic
and magnetic properties of native defects in metal oxides.23

The approximation methods that include some of the essen-
tial correlation- or orbital-dependent effects, such as LDA+U
(or GGA+U) and hybrid functionals, are more insightful for
understanding of and gaining knowledge about native defects.
Morgan and Watson24 reported a GGA+U study of the tran-
sition levels and single-particle levels of donor- and acceptor-
type native defects in anatase TiO2. They suggested that VO
and Tii are deep donors that donate two and four electrons,
respectively, whereas VTi are deep acceptors generating four
holes.

Since Heyd-Scuseria-Ernzerhof (HSE) hybrid functional25

yields a better description of bandgap, it should also be useful
for accurate estimations of the defect levels in semiconduc-
tors and metal oxides. Janotti et al.26 performed HSE hy-
brid functional calculations on rutile TiO2 and showed that
oxygen vacancies are stable in their positively charged states
V 2+

O for any Fermi energy within the bandgap, indicating that
they are shallow donors. Recently, P. Deák et al.27 also stud-
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ied oxygen vacancies and carrier self-trapping in anatase and
rutile TiO2 using HSE06,25 and showed that oxygen vacan-
cies are shallow donors in both anatase and rutile phases. Fi-
nazzi et al.28 demonstrated using GGA+U (with U=4 eV) or
B3LYP hybrid functional that charge-neutral oxygen vacan-
cies in anatase TiO2 create defect states at 1 eV below the con-
duction band. Recently, P. Deák et al.29 found that oxygen va-
cancies and titanium interstitial are both shallow donors by us-
ing HSE06. The single-particle Kohn-Sham levels associated
with Ti interstitials were also investigated using spin-polarized
hybrid DFT.28 Malashevich et al.30 studied oxygen vacancies
in rutile structure using DFT+GW, and found that the tran-
sition level of charged states from +2 to +1, ε(+2/+ 1), is
higher than that of +2 to neutral, ε(+2/0), showing negative
U behavior. From their estimation ε(+2/0) lies 2.8 eV above
the VBM.

These theoretical studies mainly focused on the identifica-
tion of defect levels and the validation of computational re-
sults obtained from the different methods. However the Fermi
level position and carrier concentrations in intrinsic anatase
TiO2 have not been quantitatively estimated. Moreover, the
origin of the n-type conductivity is still controversial and a
theoretical study based on accurate computational methods is
required. In this study, we employ the HSE06 hybrid func-
tional, which was proven to be reliable for defect calculations
in TiO2,31 to conduct a comprehensive study for the energetics
of native defects in anatase TiO2 and to estimate carrier con-
centration under a given oxygen partial pressure. Since the
antisite defects (TiO and OTi) have high formation energies,21

they are not considered in the present study. The native point
defects examined in this study are VTi, VO, Tii and O intersti-
tials (Oi) in anatase TiO2.

2 Computational method

Our study is based on DFT calculations using the HSE hy-
brid functional.25 The calculations were performed using
the VASP code32 with the projector-augmented wave (PAW)
method.33 We used a well-converged energy cut-off of 400
eV for the projector-augmented plane waves. In conventional
unit cells, the Brillouin zone is expressed using 5× 5× 5
Monkhorst-Pack meshes.

For Ti, 3s23p64s23d2 states were treated as valence states.
In the HSE approach, the Coulomb potential in the exchange
energy is divided into short-range and long-range parts with
a screening length of 10 Å. In the short-range part, the non-
local Hartree-Fock (HF) exchange is mixed with the Perdew,
Burke, and Ernzerhof (PBE) GGA exchange energy.34 The
long-range part and the correlation potential are represented
by the PBE functional.

We used the standard HF mixing α = 0.25 which is suit-
able for satisfaction of the generalized Koopmans’ theorem35

in both anatase and rutile TiO2
31. The geometry relaxation

was performed for a cell volume and shape, as well as for
atomic positions of 12-atom conventional cell, until the resid-
ual force is less than 0.02 eV/Å. Our calculated lattice con-
stants are a=3.760 Å and c=9.621 Å, which were close to other
HSE06-reported constants of a=3.755 Å and c=9.561 Å,31 and
experimental results: a=3.782 Å and c=9.502 Å.36

Our calculated indirect bandgap is 3.73 eV for the transition
from the valence band maximum (VBM) near M point (0.425,
0.425, 0) to the conduction band minimum (CBM) at Γ. Al-
though we attempted to use the same cut-off energy and va-
lence electron configuration potentials as were used in previ-
ous HSE06 calculation,31 we somehow still obtained a larger
bandgap, which is accidentally equal to the adiabatic bandgap
of G0W0 calculation (3.73 eV).37 Note that, both HSE06 and
quasi-particle G0W0 bandgaps are higher than the experimen-
tally measured optical bandgap (3.42 eV)38

For defect calculation, we extended the conventional cell by
3×3×1 to produce a 108-atom supercell and introduced a de-
fect in the supercell. K-points were sampled at a Monkhorst-
Pack special 1×1×1 mesh for the Brillouin zone integration
of the supercell. Calculations for charged states were also per-
formed for each defect with neutralizing background charge.
The charged states considered here are (+2, +1, 0) for VO, (+4,
+3, +2, +1, 0) for Tii, (-4, -3, -2, -1, 0) for VTi and (+2, +1,
0) for Oi. The effects of spin polarization were included for
all charged states. Relaxations were performed for atomic po-
sitions with a fixed cell volume until the residual force is less
than 0.02 eV/Å.

Fictitious interactions between the charged defect with its
images in neighboring cells and with the homogeneous back-
ground charge were removed using the scheme proposed by
Makov and Payne.39 Normally, the quadrupole term in the
Makov and Payne correction can be approximated to about
one-third of the monopole term for cubic supercells as re-
ported by Lany and Zunger.40 Since the supercell used in this
study is non-cubic, the non-cubic adjustment41 has been used
to correct the quadrupole term in Makov and Payne. The di-
electric constant is needed in the Makov and Payne correc-
tion. From HSE calculations for dielectric constants of anatase
TiO2,42 the average value of 46.23 was used in the correction.

To ensure the convergence of the cell size, especially for
high-charge-state defects, we tested the formation energy cal-
culations of oxygen vacancies in neutral charged states with
a larger supercell size of 216 atoms, i.e. 3× 3× 2 extension
of the conventional cell. We found that the formation energy
of neutral charge VO is changed only by 0.075 eV as cell size
increased from 108 to 216 atoms. The relaxed geometries for
all defects examined are shown in [Electronic Supporting In-
formation]

To identify the dominant type of native defect, we compared
the stabilities of Tii, VTi, VO and Oi. The formation energy of
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a native defect D with charge state q is defined as

E f (Dq) = Etot(Dq)−Etot(TiO2)−niµi +q(εF +EV), (1)

where Etot(Dq) is the total energy of the cell with defect
D in charge state q. Etot(TiO2) is the total energy of the cell
without defects, ni is the number of atoms of species i (Ti or
O) that have been added to (ni > 0) or removed from (ni <
0) the supercell. εF is the Fermi energy that ranged over the
bandgap. Note that εF is the energy of the electron reservoir
with respect to the VBM, EV , which is corrected in a defect-
containing supercell by aligning the electrostatic potential at
a region far away from the defect site with the corresponding
potential in a perfect crystal.

Finally, µi is a chemical potential representing the energy
for defect D that is taken from reservoir. We reference chem-
ical potentials µ̃i to the energy per atom of isolated elemen-
tal phase: µ̃O = µO− 1

2 Etot [O2] and µ̃Ti = µTi−Etot [Tibulk].
These reference energies are given by our DFT calculations
for a total energy of bulk Ti per formula unit (-9.46 eV) and a
half of total energy of an isolated O2 molecule (-8.55 eV).

The chemical potential is a variable but it must satisfy the
thermodynamic equilibrium condition of TiO2, µ̃Ti + 2µ̃O =
∆H f (TiO2) where ∆H f (TiO2) is the formation enthalpy of
TiO2. At the oxygen-rich limit (µ̃O=0), the chemical po-
tential of Ti is given by µ̃Ti = ∆H f (TiO2). At the Ti-rich
limit, µ̃Ti is bounded by the formation of Ti2O3, 2µ̃Ti+3µ̃O <
∆H f (Ti2O3).21 The formation enthalpies estimated using the
HSE approach are ∆H f (TiO2)= -9.756 eV and ∆H f (Ti2O3)=
-15.493 eV which are in good agreement with the previous re-
port.43,44 After all, the chemical potential settings (µ̃Ti, µ̃O)
corresponding to Ti-rich (O-poor) and O-rich (Ti-poor) are (-
1.72,-4.02) and (-9.76, 0) in eV, respectively.

In addition to the extreme chemical potential conditions (Ti-
rich and O-rich), we consider an intermediate oxygen chemi-
cal potential corresponding to a realistic growth condition dur-
ing the annealing of anatase TiO2. The oxygen chemical po-
tential is a function of temperature and oxygen partial pres-
sure, as described by45

µ̃O(T, p) = µ̃O(T, p0)+
1
2

kBT ln(p/p0), (2)

where µ̃O(T, p0) is the oxygen chemical potential at the stan-
dard pressure p0 = 1 atm, kB is Bolzmann’s constant, and T is
the temperature in Kelvin. The typical annealing temperature
used in the growth of anatase TiO2 is 400-550◦C1,2,46 and the
typical oxygen partial pressure is 10−4-10−5 Torr.47 We there-
fore choose an annealing temperature of 550◦C and an oxygen
partial pressure of 10−5 Torr, which corresponds to (µ̃Ti, µ̃O)
= (-6.70, -1.52) in eV.

The thermodynamic transition levels are given by the Fermi

energy at which the formation energies of the two charged
states are equal [Supporting information]:

εD(q/q′) =
E f (Dq;εF = 0)−E f (Dq′ ;εF = 0)

q′−q
(3)

which thermodynamic transition represented by kinks in the
plots of formation energy as a function of Fermi energy. Note
that εF ranges over the bandgap and references to the VBM.

The concentration of a native defect D with charge q, c(Dq),
is related to its formation energy E f through the equation

c(Dq) = Nsites/(1+ expE f (Dq)/kBT ), (4)

where Nsites is the number of possible lattice sites per unit vol-
ume (Vcell) at which the defect can be formed.

The hole concentration (p) and electron concentration (n)
can be expressed by the following equations:48

n = 2
(

mekBT
2π h̄2

)3/2

exp(εF−Eg)/kBT , (5)

p = 2
(

mhkBT
2π h̄2

)3/2

exp−εF/kBT , (6)

where me, mh are the electron- and hole-effective masses,
respectively, and Eg is the bandgap. The charge neutrality is
satisfied when the summation of donor and electron carrier
concentrations equals the acceptor and hole carrier concentra-
tions,

∑
i

qici(Dq)+ p−n = 0. (7)

The index i represents donor- or acceptor-type defect. In our
calculations, the experimental hole-effective mass of 0.8m0
and electron effective mass of 1.2m0 were used.49

3 Results

Figure. 1 shows the formation energies obtained from our hy-
brid DFT calculations as a function of the Fermi energy. The
lower and upper limits of the Fermi energy correspond to the
VBM and CBM, respectively. The slope of each line reflects
the stable charged state of each defect, e.g. V 2+

O is stable over
the other charged states of VO in the entire range of Fermi en-
ergies. The transition levels ε(q/q′) corresponding to each
defect are listed in Table. 1, some of which are also shown as
filled circles in Fig. 1

Under Ti-rich conditions (Fig. 1(a)), Ti4+i has the lowest
formation energy among the defects examined over a wide
range of Fermi energies. However, the predominance over-
turns at a higher Fermi energy, i.e. the formation energy of
V 2+

O is slightly lower than that of Ti4+i near CBM. On the
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Fig. 1 Defect formation energies as a function of Fermi energy under (a) Ti-rich, (b) experimental growth, and (c) O-rich conditions. The
up-pointing arrow indicates the Fermi level determined by the charge neutrality condition at 550 ◦C.

Table 1 The transition level ε(q,q′) all in eV reference to the VBM

Defect q,q′ ε(q,q′)

VO +2/+ 3.92
+2/0 3.82

Tii +4/+3 3.41
+3/+2 3.70
+2/+1 3.82
+1/0 4.01

VTi 0/-2 0.89
-2/-4 1.21

Oi +2/0 0.81

other hand, the formation energy of V 4−
Ti is higher than those

of V 2+
O and Ti4+i at any Fermi level, indicating that hole carri-

ers induced by the acceptor-type defect (V 4−
Ti ) are incapable of

compensating for electrons induced by the donor-type defects
(V 2+

O and Ti4+i ). In fact, the Fermi level determined by the
charge neutrality condition under a typical annealing temper-
ature of 550 ◦C is pinned at the CBM under the Ti-rich con-
dition according to our following analysis. The pinned Fermi
levels are denoted as up-pointing arrows in Fig. 1 for each
µ̃O condition. When the transition level is above CBM, Fermi
level is considered pinned at the CBM. At the oxygen-rich
limit, the formation energy of V 4−

Ti is lowered and the carrier
compensation effect is more pronounced, as observed in the

downward shift of the Fermi level, although it is still higher
than the VBM by 2.34 eV and cannot reach p-type conductiv-
ity (Fig. 1(c)). Here, the formation of V 2+

O is still favored com-
pared to Ti4+i at the pinned Fermi level. Under an intermediate
µO corresponding to an experimental growth condition (oxy-
gen partial pressure 10−5 Torr at 550 ◦C)47, the Fermi level
is located at 2.72 eV. Again, V 2+

O predominates over Ti4+i at
the pinned Fermi level (Fig. 1(b)), and therefore is consid-
ered the major source of electron carriers. Thus, V 2+

O is the
predominant donor-type defect under any µ̃O condition.

Tii is stable in the form of quadruple charged state. The
nearest oxygen neighbor along the vertical c-axis relaxes in-
ward by 23.6% in Tii while the two nearest-neighbor oxygen
atoms on the basal axis relax outward by only 0.37%. The
optimized structure of Tii is shown in ESI Fig. S1.(b). Most
of the thermodynamic transition levels for Tii shown in Table
I are located above the CBM, reflecting that it is a shallow
donor.

VO is stable in the doubly charged state. There are three
nearest-neighbors Ti atoms around VO. In neutral charge state,
one Ti nearest-neighbor relaxes outwards by 8.39% while the
other two relax outwards by 2.80%. The optimized struc-
ture of VO is shown in ESI Fig. S1.(c). The transition lev-
els ε(+2/+) and ε(+2/0) (not shown in Fig. 1) are located
above the CBM, which is consistent with previous reports us-
ing the HSE approach for rutile26 and antase29. Note that in
our HSE06 calculation, we used low-frequency limit of the
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dielectric constant in Lany-Zunger charge correction40 while
P. Deák et al.29 applied high-frequency dielectric constant in
Lany-Zunger charge correction. Interestingly, our calculation
and P. Deák et al.29 yield qualitatively consistent results in
terms of the point that both VO and Tii exhibit the nature of
shallow donors. By contrast, DFT+U predicted they are deep
donors.24,43

Oi atoms are more stable in dumbbell configuration (Oi,db)
than in an octahedral configuration (Oi,oct ), in the form of per-
oxide ions at oxygen lattice sites. All the neighboring Ti atoms
relax outward only slightly. The optimized structure of Oi,db is
shown in ESI Fig. S1.(d). Substitutional O2 has a bond length
of 1.44 Å in the neutral charge state, which is slightly longer
than that in an isolated O2 molecule (1.21 Å). The transition
level ε(+2/0) is located 0.81 eV above the VBM, indicating
that it is a deep donor. The detailed analysis of Oi have been
studied by Paul Erhart et al.50

VTi defect changes its charge state from neutral to -2 to -4 as
the Fermi energy increases, as shown in Fig. 1. The thermody-
namic transition levels are located in the band gap: ε(0/−2)
= 0.89 and ε(−2/− 4) = 1.21 eV, which indicates that VTi is
a deep acceptor. Recently, Chen and Dawson show that VTi is
not stable with respect to the complex defect VTi + 2VO +O2
for the Fermi level less than 1.37 eV by using HSE06.51 The
formation energy of this complex is very high and does not
contribute in our charge neutrality calculation. In anatase, the
axial bond lengths are longer than the equatorial bond lengths.
The nearest-neighbor oxygen atoms in the basal plane con-
taining V 4−

Ti relax outwards by 4.6%, whereas the nearest-
neighbor oxygen atoms in the axial direction relax outwards
by 20%. The optimized structure of VTi is shown in ESI Fig.
S1.(e).

Fig. 2(a) shows defect concentrations as a function of oxy-
gen chemical potential or oxygen partial pressure at 550◦C.
Note that Eq. 7 is satisfied for each oxygen chemical potential
in the plots shown in Fig.2. It is clear that the concentration
of V 2+

O is higher than that of Ti4+i for any oxygen chemical
potential, while the concentration of V 4−

Ti is limited. Note that
we considered only point defects for the estimation of car-
rier concentrations and effects of complex or line defects are
not taken into account. Fig. 2b shows the Fermi level de-
termined through the charge neutrality condition (Eq. (7)) for
each oxygen chemical potential. The Fermi level is elevated as
the O2 partial pressure decreases, consistent with experimen-
tal observations. The lowest Fermi level (2.34 eV) is reached
under O-rich conditions, although it is still much higher than
VBM. This indicates that the intrinsic p-type conductivity can
never be realized under any equilibrium growth condition. In
fact, holes are minority carriers in anatase TiO2, as shown in
Fig. 2(c), in which the carrier densities of electrons and holes
defined by Eq. (5) and (6) for each oxygen chemical poten-
tial are compared. As expected from Fig. 2c, the electron

density increases with decreasing oxygen chemical potential
and reaches a very high density (2.32× 1019 cm−3) for an
extremely O-poor condition, which is in a similar order with
the experimental result.13 The result is also consistent with
the common observation that electrical conductivity increases
with decreasing oxygen partial pressure.52

From these results, we conclude that V 2+
O is the major

source of n-type conductivity of anatase TiO2. This result does
not exclude the existence of Ti4+i because we found that a sig-
nificant amount of Ti4+i is present, especially under O-poor
conditions (Fig. 2(a)).

Multiple signals electron paramagnetic resonance (EPR) as-
sociated with trivalent titanium ions have been observed for
reduced anatase TiO2.53 The previous theory suggested that
the origin of trivalent titanium is either oxygen vacancies or
titanium interstitials17. Our estimation suggests that the con-
centration of [V 1+

O ] is two orders of magnitude higher than that
of [Ti3+i ]. Thus, we suggest that the strong EPR signal associ-
ated with trivalent titanium originates from [V 1+

O ].

The single-particle Kohn-Sham levels associated with the
neutral and charged defects of Tii and VO are shown in Fig. 3.
For charged defects, both spin-up and spin-down channels are
depicted along with spin-un-polarized cases. The correction is
also necessary for single-particle Kohn-Sham levels according
to previous studies.54–56 The horizontal dashed line represents
an adiabatic computational band gap of 3.73 eV. In Tii , the oc-
cupied Kohn-Sham levels of the ionized cases are all located
lower than those in the neutral case, consistent with the com-
mon observation for single ions, i.e., the second-ionization en-
ergy is higher than the first-ionization energy. In contrast, the
occupied state of V+

O lies higher than that of V 0
O, because of

the large atomic relaxations around positively charged oxygen
vacancies. As discussed earlier, the Ti ions that are nearest
neighbors to V+

O are relaxed outwards, leading to upward shift
of the single-particle levels. We found that this effect is more
pronounced in our case than in previous studies for rutile TiO2
using 20% of mixing parameter in HSE.26

Thomas et al.57 used X-ray photoelectron spectroscopy
(XPS) to find that electron energy loss is 0.9 eV below CBM
in rutile and 1.1 eV in anatase. We found that the Kohn-Sham
levels of V 0

O and Ti3+i are 2.89 and 2.70 eV above the VBM.
If we consider the adiabatic computational band gap of 3.73
eV, the defect levels of V 0

O and Ti3+i are 0.84 and 1.03 eV be-
low the CBM. The vertical ionization energy measured from
XPS is more likely to be originating from Ti3+i . These species
can also be the source of the blue color observed in reduced
anatase TiO2.58,59 Note that these occupied charge states are
not the predominant form of the defects according to our for-
mation energy analysis (Fig. 1) and their concentrations are
therefore limited.
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Fig. 2 (a) The defect concentration (b) pinned Fermi energy and (c) carrier concentration (electrons ne and holes nh ) as a function of oxygen
chemical potentials. The down-pointing arrow with the vertical dashed line indicates the oxygen chemical potential, -1.52 eV, corresponding
to the experimental condition at the annealing temperature of 550◦C and under an oxygen partial pressure of 10−5 Torr.

4 Conclusions

In summary, due to the failure of the self-interaction error of
local and semi-local density functional approximations and
their repercussions for polaronic defects, we performed calcu-
lations using the Heyd-Scuseria-Ernzerhof (HSE) hybrid func-
tional25 to gain more insight into the electronic properties of
native defects and their likelihood of formation under various
growth conditions. The native point defects examined in this
study are Ti vacancies (VTi), O vacancies (VO), Ti interstitials
(Tii) and O interstitials (Oi). Our calculations showed that VO
and Tii act as double and quadruple shallow donors, respec-
tively. These defects give rise to high carrier concentration
of free electrons from 1011 to 1019 cm−3 in oxygen-rich to
oxygen-poor conditions, respectively. On the other hand, VTi
behave as deep acceptors and can alternatively be described
as donor compensating defects. We found that hole carriers
of these donor-compensating defects are not capable to fully
compensate for the free electrons originating from the donor-
type defects for any oxygen chemical potential. Under ex-
tremely oxygen-rich conditions, the Fermi level is located 2.34
eV above the valence band maximum, indicating that p-type
conductivity can never be realized in reality. Our result is con-
sistent with common observations of intrinsic n-type conduc-
tivity of TiO2. At a typical annealing temperature of 550◦C

and under an oxygen partial pressure of 10−5 Torr, the cal-
culated pinned Fermi level is estimated to be 2.72 eV above
the valence band maximum. Note that Fermi-level pinning re-
ported in this work is legitimate only if there is no electrically
active impurities. In reality, the absence of active impurities is
barely happen in available anatase samples. Under any growth
conditions, the concentration of VO was higher than that of Tii;
therefore, VO is considered the major source of the n-type con-
ductivity in anatase.

Our calculated concentration of V+
O is higher than that of

Ti3+i . Consequently, the origin of trivalent titanium ions on
reduced TiO2, observed by EPR measurement, is possibly
associated with V+

O . In addition, the calculated Kohn-Sham
levels associates with VO and Tii reveal that vertical ionization
measured from XPS originates from Ti3+i .
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(a)

(b)

Fig. 3 Calculated position of the single-particle state of (a) VO and
(b) Tii in both non-spin-polarized calculation (left side) and
spin-polarized calculation(right side). The calculated adiabatic band
gap is represented by dashed lines.

and Development Institute (KURDI). P. R. was supported by
KURDI. We wish to thank High-performance computing fa-
cilities King Mongkut’s University of Technology Thonburi
(KMUTT, Thailand) for their hospitality. We acknowledge A.
Janotti, S. Limpijumnong and J. B. Varley for fruitful discus-
sions. We also thank J. Ye and H. Abe for their support.

References
1 Y. Furubayashi, T. Hitosugi, Y. Yamamoto, K. Inaba, G. Kinoda, Y. Hi-

rose, T. Shimada and T. Hasegawa, Applied Physics Letters, 2005, 86,
252101.

2 T. Hitosugi, Y. Furubayashi, A. Ueda, K. Itabashi, K. Inaba, Y. Hirose,
G. Kinoda, Y. Yamamoto, T. Shimada and T. Hasegawa, Japanese Journal
of Applied Physics, 2005, 44, L1063–L1065.

3 A. Fujishima and K. Honda, Nature, 1972, 238, 37–38.
4 M. Gratzel, Nature, 2001, 414, 338–344.
5 U. Bach, D. Lupo, P. Comte, J. E. Moser, F. Weissörtel, J. Salbeck,
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38 H. Tang, F. Lévy, H. Berger and P. E. Schmid, Physical Review B, 1995,

52, 7771–7774.
39 G. Makov and M. C. Payne, Physical Review B, 1995, 51, 4014–4022.
40 S. Lany and A. Zunger, Physical Review B, 2008, 78, 235104.
41 H.-P. Komsa, T. T. Rantala and A. Pasquarello, Physical Review B, 2012,

86, 045112.
42 B. Lee, C.-k. Lee, C. S. Hwang and S. Han, Current Applied Physics,

2011, 11, S293–S296.
43 N. Umezawa and J. Ye, Physical Chemistry Chemical Physics, 2012, 14,

5924–5934.
44 C. B. A. O. Kubaschewski and P. J. Spencer, Materials Thermochemistry

6th Ed, Pergamon Press, Oxford, 1993.
45 K. Reuter and M. Scheffler, Physical Review B, 2001, 65, 035406.
46 H. Irie, Y. Watanabe and K. Hashimoto, The Journal of Physical Chem-

istry B, 2003, 107, 5483–5486.
47 Y. Hirose, N. Yamada, S. Nakao, T. Hitosugi, T. Shimada and

T. Hasegawa, Physical Review B, 2009, 79, 165108.
48 M. Grundmann, The physics of semiconductors: an introduction includ-

ing devices and nanophysics, Springer Science & Business Media, 2006.
49 Y.-X. Weng, Y.-Q. Wang, J. B. Asbury, H. N. Ghosh and T. Lian, The

Journal of Physical Chemistry B, 2000, 104, 93–104.
50 P. Erhart, A. Klein and K. Albe, Physical Review B, 2005, 72, 085213.
51 H. Chen and J. A. Dawson, Phys. Rev. Applied, 2015, 3, 064011.
52 A. Weibel, R. Bouchet and P. Knauth, Solid State Ionics, 2006, 177, 229

– 236.
53 S. Livraghi, M. Chiesa, M. C. Paganini and E. Giamello, The Journal of

Physical Chemistry C, 2011, 115, 25413–25421.
54 S. E. Taylor and F. Bruneval, Physical Review B, 2011, 84, 075155.
55 I. Dabo, B. Kozinsky, N. E. Singh-Miller and N. Marzari, Physical Review

B, 2008, 77, 115139.
56 S. Lany and A. Zunger, Physical Review B, 2010, 81, 113201.
57 A. G. Thomas, W. R. Flavell, A. K. Mallick, A. R. Kumarasinghe,

D. Tsoutsou, N. Khan, C. Chatwin, S. Rayner, G. C. Smith, R. L. Stock-
bauer, S. Warren, T. K. Johal, S. Patel, D. Holland, A. Taleb and F. Wiame,
Physical Review B, 2007, 75, 035105.

58 T. Sekiya, K. Ichimura, M. Igarashi and S. Kurita, Journal of Physics and
Chemistry of Solids, 2000, 61, 1237–1242.

59 T. Sekiya, T. Yagisawa, N. Kamiya, D. Das Mulmi, S. Kurita, Y. Mu-
rakami and T. Kodaira, Journal of the Physical Society of Japan, 2004,
73, 703–710.

8 | 1–8

Page 8 of 8Physical Chemistry Chemical Physics

P
hy

si
ca

lC
he

m
is

tr
y

C
he

m
ic

al
P

hy
si

cs
A

cc
ep

te
d

M
an

us
cr

ip
t

Pu
bl

is
he

d 
on

 1
0 

O
ct

ob
er

 2
01

6.
 D

ow
nl

oa
de

d 
by

 C
or

ne
ll 

U
ni

ve
rs

ity
 L

ib
ra

ry
 o

n 
16

/1
0/

20
16

 0
4:

09
:1

6.
 

View Article Online
DOI: 10.1039/C6CP05798E

http://dx.doi.org/10.1039/c6cp05798e

	TRG5780264
	boonchun2016

